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Abstract

In the first part of the thesis, we study the trade-off between the transmission relia-
bility and data rate in high signal-to-noise ratio regime in ad-hoc wireless networks.
Bandwidth allocation plays a significant role in this trade-off, since dividing bandwidth
reduces the number of users on each band and consequently decreases the interference
level, however it also decreases the data rate. Noting that the interference power is
substantially influenced by the network density, this trade-off introduces a measure for
appropriate bandwidth allocation among users considering the network density. The
diversity-multiplexing trade-off is derived for a one-dimensional regular ad-hoc network.
In the second part of the thesis, we study the performance of point-to-point and broad-
cast systems with partial channel state information at the transmitter in a time-varying
environment. First, the capacity of time-varying channels with periodic feedback at the
transmitter is evaluated. It is assumed that the channel state information is perfectly
known at the receiver and is fed back to the transmitter at the regular time-intervals.
The system capacity is investigated in two cases: i) finite state Markov channel, and
ii) additive white Gaussian noise channel with time-correlated fading. In a multiuser
scenario, we consider a downlink system in which a single-antenna base station commu-
nicates with single antenna users, over a time-correlated fading channel. It is assumed
that channel state information is perfectly known at each receiver, while the rate of
channel variations and the fading gain at the beginning of each frame are known to the
transmitter. The asymptotic throughput of the scheduling that transmits to the user
with the maximum signal to noise ratio is examined applying variable code rate and/or
variable codeword length signaling. It is shown that by selecting a fixed codeword
length for all users, the order of the maximum possible throughput (corresponding to

quasi-static fading) is achieved.

111



Acknowledgements

This work would not exist without help and support from many individuals who deserve
sincere recognition.

First and foremost, I am deeply grateful to Professor Amir K. Khandani for provid-
ing guidance and inspiration throughout the course of my graduate studies. It was a
great opportunity for me to work with such a brilliant, insightful, creative, and knowl-
edgeable supervisor. I would like to thank Amir for his care and support which was
not limited to research work. In fact, he has been a supervisor and a close friend for
me in these years.

I also wish to thank the members of my dissertation committee, Professors Vahid
Tarokh, Safieddin Safavi-Naeini, Murat Uysal, and Che-Tat Ng for taking the time to
carefully read my thesis and providing me with insightful questions and suggestions.

I would like to thank all members of coding and signal transmission lab, who helped
create a very pleasant and friendly learning environment. During the course of my
study, I have enjoyed many insightful discussions with them. Specially, I would like to
thank Alireza Bayesteh and Dr. Mohammad Maddah-Ali.

Finally,I would like to acknowledge my family, mainly my parents, for their love,

patience and support, without which I would not have succeeded.

v



To My Parents



Contents

1 Introduction

2 Diversity-Multiplexing Trade-off in Z-channel

2.1 System Model . . . . . . ..
2.2 Analysis of Diversity-Multiplexing Trade-off . . . . . . . ... ... ..
2.2.1  Weak interference (8 <1) . . .. ... ... ... ... ... ..
2.2.2  Moderate interference (6=1) . . .. ... ... ... ... ...
2.2.3  Strong interference (8 >1). . . . . . . .. ... ... ...
2.3 Multiple-Access Channel and Unknown Interference Channel . . . . . .
2.3.1 Multiple-Access channel . . . . ... .. ... ... ... ... .
2.3.2 Z-channel with unknown interference . . . . . . . . ... .. ..

2.4 Conclusion . . . . . . .

Applications of Diversity-Multiplexing Trade-off in Network Design
3.1 System Model . . . . . . .. ..
3.2 Diversity-Multiplexing Trade-off Analysis . . . . . . .. ... ... ...
3.2.1 Unknown interference channel . . . . . . . ... ... ... ...
3.2.2  Known interference channel . . . . . . ... ... ...

3.3 Network Design . . . . . . . .. ..

vi

11
12
13
15
16
17
20



3.3.1 Unknown interference channel

3.3.2 Known interference channel

3.4 Conclusion . . . . . . .

4 Time-varying Single-User Channel with Partial CSI
4.1 Markov Channel With Feedback State
4.1.1 Achievability . . . . ...

4.1.2 Converse . . . . . ..o

4.2 Gaussian Channel . . . . . . . ..o
4.2.1 Achievability . . .. ...

422 COnverse . . . . . .. ..o

4.3 Performance Evaluation . . . . ... .. .. ... ...

4.4 Conclusion . . . . . . .

5 Time-varying Multi-User Channel with Partial CSI
5.1 System model . . . . ..o
5.2 Time-Correlated Fading Channel’s Throughput

5.3 Adaptive Signaling Schemes: Performance Analysis

5.3.1 Adaptive Code Rate

5.3.2 Rate Adaptation based on Correlation Coefficient
5.3.3 Adaptive Code Rate and Adaptive Codeword Length

5.4 Conclusion . . . . . . .

6 Summary and Future Work

A

Bibliography

vii

40
41
43
44
46
47
49
o1
o1

54
o6
57
60
60
62
67
69

71

74

78



List of Figures

2.1
2.2
2.3
24
2.5

3.1
3.2

3.3

4.1

Z-channel . . . . .. 7
Outage region of Z-channel . . . . . . . .. .. ... 0000 9
Diversity-Multiplexing trade-off for various values of 3, ro =0.3. . . . . 14
Diversity vs. (3 for various values of multiplexing gains, r1 =ro=7r. . . 15
Outage region of multiple-access channel . . . . . . .. ... ... ... 17
D > D’: One strong interferer; D = D’: Two strong interferers. . . . . . 28

The diversity gain of a one-dimensional network vs. multiplexing gain
for ag =0.32. . . . . 37
The diversity gain of a one-dimensional network vs. multiplexing gain

forag= 4. . . .. 38

Capacity of time-correlated Rayleigh fading channel versus 7" for SNR =
1 and channel correlation coefficients @ = 0.97,0.95,0.9,0.8. The dash-

dot line is the capacity with no side information at the transmitter. . . 52

viil



Chapter 1

Introduction

The rapidly increasing number of wireless users and new bandwidth-consuming appli-
cations fuel the growing demand for more bandwidth and higher data rates. This, in
turn, tends to exhaust the valuable resource of frequency spectrum, and necessitates
the development of spectrally efficient signaling schemes.

One of the most effective techniques to increase the spectral efficiency in wireless
systems is channel reuse in which several links communicate at the same time and at
the same frequency through a shared channel. The main source of impairment in this
scheme is the interference of the users to each other, which is called the co-channel
interference. In channel reuse schemes, the links sharing the same channel are graphi-
cally separated such that co-channel interference is minimized. As a result, the overall
data rate in the shared bandwidth increases. Applying channel reuse by sharing band-
width between users decreases the number of users in each frequency band. Although
this results in decreasing the co-channel interference and increasing the transmission
reliability, the data rate decreases due to the smaller allocated bandwidth. Thus, im-
proving the spectral efficiency in this scheme requires investigating the optimal trade-off

between the transmission reliability and data rate. In the first part of this thesis, we



Introduction 2

study this trade-off in a one-dimensional regular network and use it as a measure to
determine the optimal bandwidth allocation among users. Diversity-multiplexing trade-
off which quantifies the trade-off between the transmission reliability and data rate in
high signal-to-noise ratio (SNR) regime was first developed for multiple-input multiple-
output (MIMO) systems by Zheng and Tse [29]. Let C'(SNR) be a family of codes
indexed by SNR and P, be the error probability. If

log P,
i 108 F(SNR)
SNR—oo  log SNR
then this family of codes achieves a diversity gain of d. The higher the diversity gain,
the faster P, decays as SNR increases. Let R(SNR) be the transmission rate. If
R(SNR)
m ———=2>
SNR—o log SNR

then this family of codes achieves multiplexing gains of r. The diversity-multiplexing
trade-off has been established for some wireless networks including multiple-access chan-
nel [16] and relay network [25]. We study diversity-multiplexing trade-off in Z-channel
and one-dimensional interference channel.

Adaptive transmission is another efficient technique to increase the spectral ef-
ficiency of time-varying wireless channels by adaptively modifying the transmission
rate, power, etc., according to the state of the channel seen by the receiver. Adaptive
transmission with perfect channel state information (CSI) at the transmitter and the
receiver, was first proposed in the late 1960’s [23]. In practice, the CSI is not perfectly
available at the transmitter or at the receiver. Practical implementation of adaptive
transmission schemes with partial CSI at the transmitter or at the receiver has been
the subject of numerous research works (see [4, 10,51, 58] and references therein). In
these works, various feedback models have been adopted that reflect the limitations to

perfectly delivering the CSI to the transmitter. In our work, we consider a different
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form of feedback, namely periodic feedback, that updates the CSI in regular intervals.
As a special case, the CSI can be updated at the beginning of each transmission frame
of data. We consider a point-to-point time-varying channel with perfectly known CSI
at the receiver. The CSI is provided at the transmitter through a noiseless feedback link
at regularly-spaced time intervals. Every T channel use, the CSI of the current channel
use is fed back to the transmitter. We obtain the channel capacity of the system and
show that it is achievable by multiplexing 7' codebooks across the channel.

In a multiuser scenario, we consider a downlink system in which a single-antenna
base station (BS) communicates with single antenna users, over a time-correlated fading
channel. It is assumed that the CSI of users is known at the beginning of each trans-
mission frame. In this system, we analyze the system throughput by utilizing adaptive
code rate and adaptive codeword length. The throughput is defined as the average rate
of information that is reliably transmitted to the receiver. We use error exponent as a
reliability measure. Error exponent expresses the trade-off between the probability of
error and the codeword length. More precisely, the reliability function quantifies the ex-
ponential behavior of the probability of error for the best coding schemes, as the coding
delay is increased with the rate of transmission held fixed. It is well known that in-
creasing the codeword length results in improving the error probability in additive white
Gaussian noise (AWGN) channel. However, in a time-varying channel with partial CSI
at the transmitter, it is not always possible to obtain arbitrary small error probabilities
by increasing the codeword length. In fact, increasing the codeword length also results
in increasing the fading fluctuations over the frame, and consequently, the throughput
will decrease. In other words, a finite codeword length maximizes the throughput. We
evaluate the error exponent and derive the system throughput based on the rate of
channel variation.

The rest of this chapter is devoted to a brief summary of the materials presented in
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the following chapters.
Thesis Outline

(Chapter 2) is devoted to the diversity-multiplexing trade-off analysis in interference
channels. The diversity-multiplexing tradeoff in Z-channel is investigated assuming the
interference channel is known/unknown at the receiver.

(Chapter 3) investigates diversity-multiplexing trade-off in a one-dimensional wireless
network to optimally allocate bandwidth among users.

(Chapter 4) obtains the capacity of the Markovian time-varying channel and time-
correlated flat fading channel assuming the availability of periodic feedback.

(Chapter 5) is devoted to the evaluation of the reliability measure for the time-varying
channels assuming partial CSI at the transmitter. We evaluate the random coding error
exponent of the time-correlated flat fading channel in a wireless downlink system. The
data rate and codeword length is optimized based on the rate of channel variation of
users to maximize the system throughput.

(Chapter 6) presents a summary of the thesis contributions and future works.

(Appendix A) proves Theorem 5.1.



Chapter 2

Diversity-Multiplexing Trade-off in

Z-channel

The fundamental trade-off between the diversity and multiplexing gains has been
characterized for MIMO systems in [29] and is extended for MIMO multiple-access
channel in [16]. This approach has been applied for other wireless channels and net-
works [21,25,37]; In [25], the trade-off between the rate and the reliability is studied for
different strategies in a wireless relay network. In [37], diversity-multiplexing trade-off
upper bounds are obtained for cooperative diversity protocols in a wireless network.

We consider a simple Z-channel with an arbitrary interference power and derive the
diversity-multiplexing trade-off of this channel. Throughout this chapter, all channels
are assumed to be flat Rayleigh fading and quasi-static, i.e., the channel gains remain
constant during a coherence interval and change independently from one coherence in-
terval to another. We assume the use of random Gaussian codebooks, where a codeword
spans the entire coherence interval of the channel. This assumption has been applied
in similar works such as [25].

The rest of the chapter is organized as follows; Section 2.1 introduces the structure
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of the Z-channel. In Section 2.2, the diversity-multiplexing trade-off in Z-channel is
studied. In Section 2.3, the diversity-multiplexing trade-off for the multiple-access
channel and z-channel with unknown interference is derived. Moreover, the comparison
between the diversity-multiplexing trade-off between Z-channel with known interference
channel, unknown interference channel and multiple-access channel is studied. Section

2.4 concludes the chapter.

2.1 System Model

We consider a Z-Channel (Fig. 2.1) in which the transmitters and receivers are equipped

with single antennas. The received signal at the first receiver can be written as
y1 =hix; +hexo +ny, (2.1)
and the second link will be a standard point-to-point link as
yo = hyXy + ny, (2.2)

where x; ~ CN(0, p;) is the transmitted signal from the i*" transmitter with the power
constraint E{||x;]|*} < pi, and n; ~ CN(0,1) is the AWGN at i*" receiver for i = 1,2
(CN (m,v) denotes complex Gaussian distribution with mean m and variance v). All
the channels are assumed to be quasi-static Rayleigh fading, i.e. the channel coefficients
hy, h; and hy; have complex Gaussian distribution with zero mean and unit variance.
It is assumed that hg and h; are perfectly known at the first receiver and unknown at
both transmitters. The channel coefficient hy is assumed to be perfectly known at the

second receiver and unknown at both transmitters.
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Figure 2.1: Z-channel

2.2 Analysis of Diversity-Multiplexing Trade-off

Investigating the diversity-multiplexing trade-off curves for this setup requires the as-
sumption of pi, po — 0o. Hence, using the definition of the diversity and multiplexing

in [29], for each link, we have

r; = lim Ri(pi),
pi—oo log p;
d; = lim —M 1=1,2, (2.3)

Pi—00 log p;
where R;(p;) denotes the transmission rate, and P;(p;) represents the average error
probability of link 7. Assuming large enough block lengths, from [29] it is realized that

the average error probability is equal to the outage probability almost surely, i.e.

Pi(pi) = Pr{C(p:) < Ri(pi)}, (2.4)

where C'(p;) denotes the capacity of link i. We focus on characterizing the diversity-
multiplexing trade-off curve for the first link, since the second link is an ordinary
point-to-point link. For this purpose, we derive the outage probability for this link, for
any given multiplexing gain vector (r1,73).

From the first receiver’s point of view, the channel is a multiple-access channel

(MAC). However, since the first receiver is not interested in the data of the second
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transmitter, the outage event is different from that of MAC. In fact, the outage in this

case can be written as the intersection of the following events:

%1 = {(R1,Rs) ¢ Cauac},

By = {R1 > I(x1351)}, (2.5)

where Cyac denotes the capacity region of the MAC at the first receiver. The first
event corresponds to the case that the first receiver can not decode both x; and x,.
The second event corresponds to the case that the first receiver can not decode x,
considering x5 as noise. The above events can be written in terms of the channel fading

gains as follows:

10g(1 + plhl) <Ry U
B = log(1 + p2ho) <Rz U ’
log(l + thO + plhl) < Rl -+ RQ

p1hy
By = qlog(l+—"—") <Ry, 2.6

’ { 2 1+ P2ho) 1} (26)
where h; £ ||hy||?, i = 0,1. The intersection of these two events is depicted in Fig. 2.2.
As can be observed, the outage event can be expressed as the union of the events A;

and A,. A, is the outage event when there is no interference. The effect of interference

from the second user is captured in As.

Theorem 2.1. Assuming p1 = p and ps = p°, 0 < 3, the diversity-multiplezing trade-
off for the first user of Z-channel is

0 (r1 1) = min(1 —ry, (14 8) — 2(ry + Bra)) T+ Bro <n @27)

p—ry— Bry n<ri+pre<p

where n = min(1, 3) and p = max(1, 3).
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h o
//
7
7
7/
7
<— Ry =log(l+ hip1) I
7
7
//\
7
h
K Ry =log (1+ 42)
7/
Rog / Ri+Re = 1og(1 + haps + hop)
7/
4
, ’ RQ = log(l + thg)
//
ho1 4

Y

hll h12 hl
Figure 2.2: Outage region of Z-channel

Proof. Defining the total outage event as %, we have
Pr{#} = Pr{A;} + Pr{A,}. (2.8)

Considering Fig. 2.2, we formulate the probability of A; and A, as follows:

hi11
Pr{A} = f(ha)dhy, (2.9)
0
hi2  pho2+ma(hi1—h1)
hi1 JYmi(hi—hi1)
where hy, 2 eR;I—l, hoy 2 eR;—l’ hyy 2 %, hos 2 %, m; 2 thhElhll,

my 2 h2zho “and f(hy) and f(hy) are the probability distribution function (pdf) of hq
and hy, respectively. Since f(hg) = e and f(hy) = e™™, we derive (2.9) and (2.10)

as follows:

Pr{d,} =1—¢", (2.11)
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hi2  phoz+ma(hi1—h1)
Pr{A,} = / e Me M dhgdh,

h11 m1(h1—h11)

h
:/ 12 o~ (e—ml(h17h11) _ e*(h02+m2(h117h1))) dhy
h

11
(

1 [efhu _ 6*(h12+h01)}

mi1+1
—< 1 [e*(hofrhu) _ 6*(h12+h01)] moy 7& 1
. —ma2
m11+1 [e—hn _ 6_(h12+h01)}
_(h12 _ hll)e_(hll+h02) my = 1.
\
( m11+1 efhu (1 _ 67(1+m1)(h127h11))
_ 1 ,—(hi2+ho1) 1 — —(m2—1)(h12—h11) 1
e e m
_ ] mel ( ) me? (2.12)
m11+1 e—hn (1 _ 6—(1+m1)(h12—h11))
—(hlg - hll)ei(hquhOQ) meo = 1.
\
Setting p; = p and py = p°, where 3 is a constant and using (2.3), we have
hiy = p T (1=p),
hip = phtoet (1—p),
hoo = p’l (1- P_ﬁm) ;
hoy = pltorr (1- P_ﬁm) ;
mi = p (1= p )T
my = p'h (2.13)
Noting (2.11) and (2.13), we can write
Pr{d;} =p""" n<1 (2.14)
where b = p” is equivalent to lim, .. igib = a. We consider 3 scenarios to derive
gp

Pr{A,}:
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2.2.1 Weak interference (5 < 1)

From (2.13), it follows that my — 0o as p — oco. Hence, (2.12) can be written as

1
PY{AQ} _ " 1€—h11 (1 . 6_(1+m1)(h12_h11)) .
1 6—(h12+h01) (1 o 6—(m2—1)(h12—h11))
mo — 1
(2‘) G_hll (hlg — hn) —
1
—(h12+ho1) 1— —(m2—1)(h12—h11) 2.15
Lo (1 ) 2.15)

where (a) comes from applying the approximation 1—e~(Hm)(nz=hi) (1 fm)(hyy —
hi1), since (1 + my)(hiy — hiy) = pt=Fmpritfra=l — p802=D and as a result (1 +
m1)(hia — h11) — 0 noting that r5 < 1. We consider two scenarios:

i) 7y + Ory > [ Using (2.15), we can write

(@) _ 1
PI‘{AQ} = e hiy (hlg — hll) — m 1 (216)
9 —
- pT1+ﬁT271 _pﬁfl
= prthrel (2.17)

where (a) comes from the fact that (mg —1)(hyp — hyy) = pt=Pprithra=t = pritbra=6 _,
00.

ii) r + Pre < (: Noting (2.15), we have

PI‘{AQ} hat €7h11 (hlg - hll) -
b
mo — 1

(ai“) €_hll (1 — €_h02) (h12 — hll)

e—(h11+h02) (6(m2—1)(h12—h11) _ 1) ,

(b)
bt hog(hlg — hn) (218)

- p2(T1+ﬁT2)*(1+ﬁ), (2.19)
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where (a) results from the fact that (my — 1)(h12 — h11) — 0, and subsequently

e(ma—1)(h12—h11) 1

e 2 (hig — hy1) and (b) comes from the fact that e "1 = 1 and e~ 02 =

1 — hgg, noting hqy, hge — 0. In summary, we have

Pr{Ay) - p2ritfra)=(408) -y By < 3 2:20)
r 2= . .
priir B<ri+fry<l

2.2.2 Moderate interference (3 = 1)

Noting that my = p'=? = 1 in this scenario, from (2.12), we can write

1
my + 1
— (hlg — hll)e_(hll+h02). (221)

PI“{AQ} =

e*hu (1 o 6*(1+m1)(h12*h11)>

Having the fact that m; — 0 and 0 < hy; < hia, the necessary condition to have

Pr{As} — 0is hya — 0, which incurs r; + 7, < 1 (otherwise the diversity gain is zero).

Using (2.21) and the approximation m11+1 (1 — e~ (Fmi)hz=hi)) ~ (hy5 —hyy), we have

Pr{d,} = e (1 — ") (hyy — hyy)
= h02(h12 - hn)

= pAritra=1) (2.22)
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2.2.3 Strong interference (5 > 1)

From (2.13), it follows that in this case m; — 0 and as a result (2.12) can be written

as
1
Pr{A,\= —h11 1— —(14+m1)(h12—h11)\ _
{4} m1+1e ( ¢ )
1
—(h11+ho2) 1 — —(1—m2)(h12—h11) ) 2.93
1—m26 ( ‘ ) ( )

Here, we consider two cases:
i) 71 + Ory < 1: In this case, it is easy to show that the first term and the second term
in (2.23) behaves as (hiy — hyy) and e "2(h;y — hyy), respectively. Since 3 > 1, this

condition also incurs that hgy ~ p" 772~ — (0, and as a result,

PI’{AQ} bl (1 — 67h02) (h12 — hll)
= hOZ(h12 - hll)

= pArHBra)=(145) (2.24)

ii) 1 <7+ fry < B: In this case, noting (2.13), it is easy to see that his —hy3 — oo.

Therefore, we can write

1 1
Pr{A,} =« - e~ o2

1+m1 1—m2

—
S

)

IS

(1 — ml) - (]. + mg)e_h”

(b) _
b hog — (m1 -+ mo€ hOQ)

(©)
= prthreh, (2.25)

where (a) comes from using the approximation Tlx w1+ for o < 1, (b) results from

the assumption of r; + Gry < [ which incurs hgy — 0, and (¢) results from the fact
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1 T
— beta=0.5
— beta=1
0.9 beta=1.3 I

0.8~

0.7

0.6~

d(r)

0.3

0.2

0.1

Figure 2.3: Diversity-Multiplexing trade-off for various values of 3, ro = 0.3.

that since 1 + Bry > 1, hoy ~ p" 7278 dominates m; and my. Unifying (2.20), (2.22),

(2.24), and (2.25), we obtain

2(r14+Br2)—(1406) r +ﬂ7” <
Pridy} = { " L (2.26)

prioraTs n<r+pBra < p
where 7 £ min(1, 3), u = max(1,3). Using (2.8), (2.14) and (2.26), the result of the

theorem is achieved. O

Fig. 2.3 depicts the optimal diversity-multiplexing trade-off curve for 5 = 0.5, 5 =1
and # = 1.3. As can be observed, the curve corresponding to § = 1.3 outperforms the
other curves. Moreover, comparing the two curves corresponding to = 0.5 and 3 = 1,
we realize that for moderate values of multiplexing gain, the curve corresponding to
(8 =1 yields the higher diversity gain, while for high multiplexing gain values, § = 0.5

is preferable. Fig. 2.4 shows the maximum diversity gain versus 3, for the fixed
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0.7

T
— r=0.5
— r=0.3
— 1=0.4

0.6

Figure 2.4: Diversity vs. (8 for various values of multiplexing gains, ry = ro, = 7.

multiplexing gain values of 0.3, 0.4, and 0.5, assuming r; = ry. As can be observed, all

the curves have a global minimum, depending on the value of the multiplexing gain.

2.3 Multiple-Access Channel and Unknown Inter-
ference Channel

In this section, we compare the diversity-multiplexing trade-off curve, derived in the
previous section, with two other scenarios; i) Multiple-Access channel (MAC), where
the first receiver decodes the transmitted data from both senders, and ii) Z-channel
assuming that interference fading channel hy is not known at the first receiver. The
former is studied in [16], for the case that all links have the same power constraint. In
the following, we derive diversity-multiplexing trade-off for the MAC assuming p; = p

and py = p°.
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2.3.1 Multiple-Access channel

The outage event probability of the MAC denoted as Byac (Fig. 2.5) can be written

as
hi11
Pr{%’MAC} / 7h1dh1
hi2 ho2+ma(hi1—h1)
- / / e~ Me~Mdhydh,
h11
ho1
/ / e Me M dhydh,y
hi2
T+ (1= e ho)e e, (2.27)
where

( (6_h11 _ e—h12)

_ 1 - [6*(h01+h12) _ 6*(h02+h11)} Mo 7& 1
mo—

X = P (2.28)

—e—(ho1+hi2) (h12 _ hll) my =1

\

Following similar arguments in the proof of Theorem 2.1, we can easily show that

| BB 4 Bry < (2.29)
X = 7 |
pr1+ﬁ?“2*# n<ri+0re<p

where 7 = min(1, ) and p = max(1, 3). Using (2.27) and (2.29), we can write

min(l — 7y, 1+ 08 —2(r1 + Bra), B(1 —13)) 711+ fra <7

min(1 — ry, pu—ry — Ora, f(1 —1r3)) n<ri+0rs<p

dyac(r1,7m2) =

We interpret the diversity gain of MAC in terms of that of Z-channel as follows:

dy(r1,72) L<ri+pro<p
min(d},(ry,72), 5(1 —ry))  Otherwise

dyac(r1,m2) =
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ho

=— Ry =log(1l+hip)

hos Ry + Ra =log(1 + hipr + hopz)

/

Ra =log(1 + haps)

hi hia Iy

Figure 2.5: Outage region of multiple-access channel
2.3.2 Z-channel with unknown interference

In this scenario, we consider the system model of Z-channel described in Section 2.1.
However, we assume that the first receiver only knows the direct channel (h;) and does

not have any information about the interference channel (hy).

Lemma 2.2. The outage event of a point-to-point Rayleigh fading channel with un-

known interference in high-SNR regime is
Bz-nesr = Pr{Ry > log(1+ p"hy)}, (2.30)

where hy = ||hy||* and p and p° are SNR of the direct link and the interference link,

respectively.

Proof. Let us define
By nesr = {R1 > I(xi;y1|ha)}, (2.31)
and

%5—1\[051 £ {R1 > I(x1;y1]x2, h1)}. (2.32)
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BE_ \ogr denotes the outage event when the first receiver considers x, as noise and
B nosr denotes the outage event when the second users data is decoded correctly at

the first receiver. Following the above definitions, we have

Pr{%5 _ncsrt < Pr{%Bz-ncsiy < Pr{%B7_ycsi}- (2.33)
We derive the mutual information in (2.31) and (2.32) as follows:

I(x1;y1/hy) = H(y1|hy) — H(y1|hy, x1)
= H(h;x; + hoxy + ny |hy)
— H(hoxs + ny)
? H(hyx; +n|hy)
— log (2meVar(hoxy +1y)) (2.34)
= log(2me(phy + 1)) — log(2me(p” + 1))

= log(1 + p'Phy), (2.35)

where (a) comes from the fact that H(X +Y) > H(X), for independent X and Y, and
H(X) <log(2meVar(X)). Substituting (2.34) in (2.31), we obtain

Pr{BY ncs} <Pr{R, >log(1+ p'Phy)}. (2.36)
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For calculating the lower-bound, we first compute I(x;;y1|x2,h) as follows:
I(x13y1[x2,h1)} = H(yi|x2, hi) — H(y1|x1, %2, hy)
= H(h;x; + hoxs + n;|x2, hy)
— H(hoxy + ny|xs)
@EXQ {log(2me(phy + |xa|* + 1)) }
— Ex, {log(2me(|xs|* + 1))} (2.37)

L+phy 1+ ph -
—e 7 B pé) 5) +log(1+ phi) — e "By (p7)

b
Qog(1+ phy), (2.38)

where F(z) = [77 <-4 1In (2.37), (a) results from the fact that conditioned on h; and

x

Xo, hyx; and hyx, are independent Gaussian variables with variances hip; = \h1]2p1

and |xs|?, respectively and (b) results following the equality E)(x) = —vy — logx —

s ED% and the asymptotic expansion By (z) = ©<2[1 — 1+ 2% 4] As aresult,

n=1 nln T x2

the lower-bound on the outage probability can be expressed as
Pr{%L ncsi} > Pr{R, >log(1+ p'Phy)}. (2.39)
Considering (2.33), (2.36) and (2.39), the result of the lemma follows. O

From Lemma 2.2, it is concluded that
Pr{%B; ncsi} =p 7, r<1-4, (2.40)
or equivalently,

dy_ nogr(r1) = max(1 — 8 —rq,0). (2.41)
Hence, the diversity gain in this scenario is equivalent to the diversity gain in (2.7) with
ro = 1. Note that in this scenario, [ is limited to be strictly less than one (otherwise

the diversity gain is zero). It is realized that in this case, the diversity-multiplexing

curve is strictly below the curve when the interference channel is known at the receiver.
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2.4 Conclusion

The diversity-multiplexing trade-off curve is characterized for Z-channel assuming known
and unknown interference channel at the receiver. The diversity-multiplexing gain of
MAC is obtained assuming different scenarios for the SNR of the links and is interpreted

in terms of the diversity-multiplexing gain of Z-channel.



Chapter 3

Applications of
Diversity-Multiplexing Trade-off in

Network Design

One of the most effective scheme to increase the spectral efficiency is the scheme known
as channel reuse. In this scheme, time slots (frequency channels) can be shared by
wireless users geographically separated so that small interference is obtained [19,24,
40]. Tt is of interest to find the channel reuse factor which yields the highest spectral
efficiency while maintaining a required quality of service. In this regard, there is an
inherent tradeoff between the reliability of reception and the rate of communication.
Dividing bandwidth reduces the number of users and decreases the interference level.
While this boosts the reliability of the network, it decreases the achievable data rate.
On the other hand, the rate can be increased by sharing the bandwidth among users
at the cost of a considerable interference level.

In wireless ad-hoc networks, the performance of channel reuse has been studied

and the impact of the this scheme on the performance of the network capacity is

21
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investigated [35,36,49,52]. Implementing the channel reuse scheme requires studying
bandwidth allocation among users. Algorithms for spectrum sharing in ad-hoc wireless
network are proposed in [28,57,59] using a game theory approach. Optimal spectrum
sharing for a single-hop wireless network is studied and power allocation among different
users has been determined in [44].

We propose a different approach to optimally allocating bandwidth in a wireless
network in high-SNR regime. Investigating the diversity-multiplexing trade-off of in-
terference channels, we determine the optimal time-division multiple-access scheme
which maximizes the network spectral efficiency considering the network density in a
one-dimensional network. It is assumed that the interference from each link to the
other links grows exponentially with the distance, such that the interference between
two neighboring links declines as p~®° where p is the received SNR and «y is a constant.
We study this model in two following scenarios; i) the interference channel is not known
at the receiver. ii) the interference channel of the corresponding strongest interferer is
known at each receiver. It is shown that for any given multiplexing gain r, the max-
imum diversity gain is achieved by utilizing a general time-sharing scheme where the
active users form equal-size equally-spaced clusters (a group of adjacent nodes) with
the size at most 3 and the distance spread of at most (O%OW The maximum diversity
gain for each value of r is obtained by taking the maximum diversity gain among all the
time-sharing strategies. We analyze the effect of network density on the performance
by deriving the diversity gain in terms of the distances. Throughout this chapter,
all channels are assumed to be flat Rayleigh fading and quasi-static, i.e., the channel
gains remain constant during a coherence interval and change independently from one
coherence interval to another.

The rest of the chapter is organized as follows; Section 3.1 introduces the structure

of the one-dimensional network and the channel model. Section 3.2 is devoted to the
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analysis of the diversity-multiplexing trade-off for a one-dimensional ad-hoc network.
In Section 3.3, the diversity gain is derived in terms of the network density for a one-
dimensional network which utilizes a general TDMA scheme. Section 3.4 concludes the

chapter.

3.1 System Model

We consider a homogeneous one-dimensional network, consisting of n pairs of trans-
mitters and receivers. The nodes are equally spaced on two parallel lines such that the
corresponding transmitter-receiver links are parallel (Fig. 3.1). The network utilizes
a general TDMA scheme which assigns transmission rights to the links, i.e. transmit-
ter /receiver pairs such that the i link is active in §; portion of the time. It is assumed
that transmitters are centrally synchronized and use the same length data blocks. The
objective is to find the optimum 6 = (1, ,9,) and n(t) = (n1(t), - ,na(t)), where
n;(t) is one, if the i link is active at the ™ transmission block and otherwise is zero.
We study this network in the following two scenarios; i) the interference channels are
not available at the receiver nodes, ii) the strongest interference channels are available
at the receiver nodes.
The received signal at the i link’s receiver at the '™ transmission block can be
written as
yi(t) = vamhi(6)xi(0)mi(t) + Y v/agihg:(6)x;(0)n; (1) + ni(?), (3.1)
J#i
where h;(t) ~ CN(0,1), x;(t) ~ CN(0, p), hy;(t) ~ CN(0,1), n;(t) ~ CN(0,1), s, and
a;; denote the direct channel, the transmitted signal, the interference channel from the
5™ transmitter to the i*® receiver, additive Gaussian noise, the attenuation from the ™"

transmitter to the i*" receiver, and the attenuation factor from the 7" transmitter to the
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ih receiver, respectively. The power constraint for the i*' transmitter is E{||x;[|?} < p.

The channel between each transmitter and each receiver node is assumed to be Rayleigh
fading. The attenuation factor from each transmitter node to its receiver is assumed
to be negligible, i.e. «; = 1. The attenuation factor from each transmitter node to
its receiver neighbors is assumed to be p®°, i.e. a;; = p~® for |i — j| = 1. Since the
attenuation model is assumed to be exponentially related to the distance, the closest

active link will dominate the interference.

3.2 Diversity-Multiplexing Trade-off Analysis

The network consists of n pairs of transmitters and receivers. For each link, we define

r; = lim —Ri (p)

; 3.2
p—oo log p (3:2)

where R;(p) denotes the transmission rate of link . The optimal diversity-multiplexing
tradeoff curve for this setup is defined as an (n+1)-dimensional vector (11, - - -, r,, d*(r)),
r 2 (ry,---,7,), such that

d*(r) = max lim log Pr{#(r)}

3.3
7,6 p—00 log p (33)

where Z(r) = |J_, Zi(r) and %;(r) denotes the outage event in link i, and the max-
imization is taken over all time-sharing strategies. For simplicity, we study a special
case in which the multiplexing gains of all the links are the same, i.e., ry =---=r, =r.

Hence, we can express d*(r) as d*(r). The outage probability of the network can be

bounded as

Pr{#"*(r)} < Pr{#A(r)} < nPr{#"*(r)}, (3.4)
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where #™%(r) £ %;(r) and j = argmax; Pr{%;(r)}. Assuming logn ~ o(log p) and

Pr{%#™*(r)} = p*, we have

logn

nPr{#(r)} = oo

“ (3.5)
Using (3.4) and (3.5), we can write
Pr{#A(r)} «~ Pr{#"*(r)}. (3.6)

In the following, we focus on deriving Pr{#™**(r)} assuming known/unknown inter-

ference channel at the receiver.

3.2.1 Unknown interference channel

In this part, it is assumed that each receiver perfectly knows the channel to its corre-
sponding transmitter, however, it does not have any information about the interference
channel. We assume that the i*" link receives the dominant interference from the m"

. A — -
transmitter. Let us define a, = a,,; = p Im—tlao

Theorem 3.1. The diversity-multiplexing trade-off of the i link is given by

di(r)=1-8, - =, (3.7)

where 3, = (1 + —l‘ffgi)”)f

Proof. Similar to the approach of proving Lemma 2.2, we derive the upper-bound and
lower-bound of the outage probability. We note that depending on TDMA strategy,

each link can have one or two dominant interferers (Fig. 3.1 ). Using (2.34) and (3.1),
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we can write

I(xi;yi/h;) > H(hgx; + n;|h;)

—log (27re\/ar(z ajihyix; + Hz)>

J#i
—log(2me(ph; + 1)) — log(ZWG(Z nicip; + 1))
j#i
1_/8uh.
>log(1+ 21, (3.8)

Using (2.37) and (3.1), we have

I(XZ‘; yZ‘V“ hz)} =K {log(Qﬂ'e(th -+ Z’f]jOéji‘Xj‘Q + 1))}
J#i

—E {log(QWe(Z ol x| + 1))}

JFi

<E {log(Zwe(hip + Z i X% + 1))}
J

-k {log(2ﬂe(ami\xm\2 + 1))}

(@) — By

Slog(1+ phy) — e " Ei(p™™)

< log(1 4 hip* ™), (3.9)

where V; = {x,|1 < j <n,j # i} and (a) results from the following

© ,—u,n—1
E {log(hip + Z Qi %% + 1)} = / % log(1 + ph; + pu)du
. O - .
J

= log(1+ ph;) +Z, (3.10)



Applications of Diversity-Multiplexing - - - 27

since Y ilx;|* has a x; distribution and Z can be bounded as follows:
n—2

7 = /0 — 1)' (0= D1+ S g, ka1 du

(u+ ) —
0 e—uun—k;—l [e'e] e~ U
= Yo | St ) are
log ¢ e~ Uy k—1 00 e—uun—k—l
= Y[ (1! <u+so>d“+£gg,<n—1> wrg™

+ €¢E1( )
log (p)nfkfl log ¢ » 00 efuunfkfl
k)( d d
< D vk )(10g90+60)/ ‘ u+/10w (n—D!(log e + ¢) )
(log )"~
= O(——— 3.11
( - ), (3.11)

where ¢ = H’)h . Noting (3.8) and (3.9), we have

Pr{R; > 6;log(1 + p'?h,)} < Pr{%;} < Pr{R; > &;log(1 + + 2 - hz)} (3.12)

Using (3.12), the result of the theorem follows. O

3.2.2 Known interference channel

In this part, it is assumed that each receiver perfectly knows the channel to its corre-
sponding transmitter, as well as the channel corresponding to the strongest interference.

In the following, X,(t) and Hy represent the strongest interference signal and the
corresponding interference channel for the i*" link, respectively. Let us define 7; as the

number of i link’s strong interferes. We distinguish between two scenarios:

e One strong interferer (7; = 1): The " link receives the dominant interference
from the m™ transmitter. In this case, Xo(t) 2 x,,(t), Hyp = h,,;, Ro = R, and

A _ o —|m—i|a
Oy = Qi = P | lowo
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D 2l
@ O o - O ® O -0 @
[ J [ ®e - 0 e o -0 o

O  Transmitter Off
@ Transmitter On
® Receiver

Figure 3.1: D > D’: One strong interferer; D = D": Two strong interferers.

e Two strong interferers (7; = 2): The i*® link receives two equal interference from

m™ and [*" transmitters such that m —i = i — [. In this case, we have Xg(t) =

(1), % (1)]", Ho = [hys, hun], Ro £ Ry + R, and a, 2 g = iy = p Im 7100,
Lemma 3.2. The probability of the outage event of the it" user is as follows:
hip
= rrf R oo ()| U

v H 2 hz
{Ri—FRO > 6, log (O‘ p“HO'L: p)} N
)

phi
P )H 513
[ g( T+ app [P + agp (38.13)

where vy = Max; j¢[2i—m,m)n=1 Vji-

Proof. Noting (3.1), for all the links (except the first and last ones), we can write

yi(t) = Hi(Ox(Om(t) + v/, Hy()Xo(t)
Yo V)X (1) + ni(t), (3.14)

Let us define 2 and BY as follows:
7 {(Rz > 1 (x;;yi|Hi, Xo, Ho, Vo)) U
(Ri 4+ Ro > I (xi, Xo: yi|Hi, Ho, Vy))

(M (Ri > 1 (xis yi[Hi, Ho, Vo)) } (3.15)
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where V includes all the transmitted signals except x; and Xj.

ZE {(Rz > I(Xz‘§}’i|Hi,X0,Ho))U
(Ri +Ro > I (xi, Xo; yi|Hi, Hp))

ﬂ (R; > I(Xi;}’i\Hi,Ho))}- (3.16)

In fact, %% denotes the outage event for the i*" link, when the receiver has full access
to the other users data, and %Y stands for the outage event in the i*" link, when the
receiver treats all the users data, except the dominant interference, as noise. It is clear

that
Pr{%#"} < Pr{%;} < Pr{®"}. (3.17)
We compute the mutual information in (3.15) and (3.16) as follows:

I(Xi§}’i|Hz’,X0,Ho)
= Pr{n, =1} (x;;y:|H;, Xo,Ho,m; = 1)

> 0;H(Hx; +/a,Ho X, + n;|H;, Xo, Hy)

— ¢;log | 2meVar Z VagiHixgn; +n;
j’j¢[2i_m’m}

= 0;log(2me(ph; + 1))

— O;log | 27e Z ajipn; + 1

J:J¢[2i—m,m]

h; 1
S - ' (3.18)
D id2iomm) QPN + 1
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I (Xi7 X07 YZ|H17 HO)

Z 6’LH(H7,X’L + \/Oé,,H(]XQ —+ l'll'|HZ'7 Ho)

—; log | 2meVar Z VogiHixgn; +n;

5 10g | it ovplHol? +1 (3.19)
D igl2immm QP + 1

I (x;;yi|H;, Hy) >

hap + ap|[Hol[2 + 1
5, log wia Pl Ho|” + . (3.20)
anHHOH + Zj,j$[2i—m,m] QjiP1; +1

I (x5;y:|H;, Xo, Ho, V) >
5 log (1 + phi ) . (3.21)

L ieiomm) il

I (x;, Xo;yi|Hi, Ho, Vo) >

h; Lol H 2
(mog<1+ phi + au,p|| Hy|| )

(3.22)
L ieiomm) il

I (x;;yiH;, Ho, V) >
h;
5 log <1 + P ) . (3.23)

I+ Oél,pHHoH2 + Zj,jgé[%—m,m] Qi P1]5
We define oy £ MAax; j¢(2i—m,mjn;=1 Vji- As p — oo, we have Zjﬁ[%_mvm] Qipn; 2 0gp.
From the equations (3.18)-(3.23), we can see that Pr{#’} = Pr{%"} and the result

of the lemma follows. ]
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Lemma 3.2 determines the outage probability region. We derive the corresponding
diversity gain using the same approach applied in the previous section by computing

the probability of the equivalent outage events A; and A, in Fig. 2.2.

Theorem 3.3. The diversity-multiplexing trade-off of the i link is given by

(

min(l — G, — §, (1478, — (1 +1)By)
(Tz+1) 1 + 7—/61/ F
d;(r) = B ) ' . (3.24)
1—ﬂ¢—§i(1+7—iﬂu) fQ
0 Otherwise
\
5 log o _ 6;(Br—DBg) (Bv—p
where 3, = (1 + l?fgo;) ), By £ (1+ 1§gp¢)+f Fir=r< £+nﬁ¢ s and Jo = 1+T,3u¢) <
0;(1—0B4)
r< 1+Tiﬁu :

Proof. Let us define

1 Ry
hin = +a¢p(e i —1),
p
1 Rg Ry
hoy & QT e,
QP
1 R+ R Ro R;
h12 2 +Oé¢>p( 0 6510—1—6 5, _]_)7
P
1+« R;+Ro R,
hoy = ¢p( ° i +1)
Q,p
m A hOl
1 — )
hia — hiy
hoa — h
A 02 01
me = 3.25
7 iy — ha (3.25)

Considering the result of Lemma 3.2 and noting Fig. 2.2, the outage probability in

(3.13) can be written as

Pr{%;} =Pr{A} + Pr{Az}

=1— *hu
hiz  phoz+ma(hi1—h1)
[ 7 () f(ho)dhodthy, (3.26)
h11 ml hl h11
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where hg = ||[Hg||2. We consider the following two scenarios:

e Single strong interferer: In this case, f(hg) = e " and f(hy) = e ". The results

in (3.24) is obtained following the approach of the proof of Theorem 2.1 in Section

2.2.1. Noting (3.25), for the case r > Ji(ﬁgf“’), the approximation in (2.16) is true

for Pr{As}. Substituting (3.25) in (2.16), we have

1
mo — 1
F4804801, (327

PI‘{AQ} b e*h“ (h12 — hll) —

p

For the case that r < Mlﬁ;igf“’), substituting (3.25) in (2.18), we have

PI’{AQ} hatl hog(hlg—hll)

p%:(lJrﬁu)*l*ﬁquQﬁq;' (328)

e Two strong interferers: In this case, f(hg) = hoe ™ and f(hy) = e™™. In (3.26),

defining .# = Pr{4,}, we upper-bound and lower-bound .# as follows:

hi2  pho2
I < IV 2 / / hoe "e M dhodh,
hi1 0
= (e — e M) (1 (14 hog)e ), (3.20)

h
sagre [Mmin

hi1
. (h02 + 1)6—(h02+m2(h11—hl))]e—fndhl

_ e—hn[ 1 (1 . e—(1+m1)(h12—h11))
mi + 1
o 1) Y ha—hay) 1 330
e =1 (e )] (3.30)
For r < a(ﬁ_”;ﬁf "’), the first and the second terms in (3.29) can be approximated by

51’ (,Bu _/Bcb)
1420,

(h1a —h11) and h2,, respectively. For r > , (3.29) can be approximated by
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h1a — hi1. It can be easily shown that the same result is true for the lower-bound.

Therefore, Pr{A,} can be summarized as follows:

p%(1+2ﬁy)+3ﬁ¢7172ﬁy < 3ilBv=—5s)
P} = 1428, 3.31
{As} L (1426,)+B8s—1 9i(Bv=By) i (1=Ps) (330
poi 1128, << 1+mb,

Using (3.26), (3.27), (3.28) and (3.31), we obtain the diversity gain in (3.24).

3.3 Network Design

In the previous part, we have derived the maximum diversity gain for the i*® link,
conditioned on having a fixed 9; and 7. In this part, we obtain the optimum values
for § = (01,09, ,d,) and 71, based on g and r. Let us consider the following special

cases:

e oy > 1: In this case, it is easy to see that the interference from all the links are
negligible with respect to the noise. Therefore, we can consider this case as a
parallel non-interfering ad-hoc Network, where the optimal values of n and 0 are
equal to 1 and 1, respectively. The maximum diversity gain of the network can

be obtained as

d'(r)y=1—r, 0<r<l. (3.32)

e oy = 0: In this case, the attenuation of all interference channels is 1. Assuming
that the interference channel is not available at the receiver nodes, the diversity
gain is zero (noting the result of Theorem 3.1). Assuming that all the receiver

nodes know all their corresponding channels (direct channel and interference chan-
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nels), similar to (3.33), the outage probability for the i*! link can be written as

Pr{%;} =Pr {[r log p > 6; log(1 + hip)] U

[n'r log p > 0, log(1 + PHHOHQH m

ph;
rlo > 9, lo 1+ — , 3.33
[ B/ g( pHHoH2+1)” (3.33)

where Hy £ hy - ,h,rn,i], m;’s are active links and n' denotes the number of
active links in the network. Due to the symmetry between the links, we have
d; = 0, Vi. As a consequence, n’ = nd. Following (3.26), (3.29), and (3.30), and

n'—1__
noting that f(hg) = ho(ieho we have

n/—1)! >

min (1 -%,n/(1-2%)) r<2

dz(’l“) =
0 Otherwise
min (1 — %, nd(1 — nr r<i

= (1= §.mdl ) " (3.34)
0 Otherwise
The value of 6 which maximizes the diversity gain in (3.34) is 1. Hence,
min (1 —r,n(l—nr)) r<=
d*(r) = (3.35)

0 Otherwise
For 0 < ap < 1, we make the following observations:

e Since all the links are in the same situation (we ignore the edge effect), as a result
of the symmetry, we have §; = §, Vi. This suggests that we only need to derive

the diversity-multiplexing trade-off for one link.

e We can categorize the links into clusters, where each cluster consists of some
neighboring links, which are active simultaneously. Because of the symmetry in

the network, all the clusters have the same number of links.
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e As observed in Theorems 3.1 and 3.3, the diversity gain of one link depends only
on the corresponding dominant interferers received power. Considering (3.6), we
note that the diversity gain of a cluster is the minimum of the diversity gains of
the links in that cluster. In the unknown-interference scenario, following Theorem
3.1, the diversity gain corresponding to a cluster with two or more links is the
same as the diversity gain if all links are active simultaneously. In the known-
interference scenario, noting Theorem 3.3, the diversity gain corresponding to
a cluster with more than 3 links is the same as the diversity if all the links
are active. The number of the links in each cluster must be one in unknown-
interference scenario and less than or equal to 3 in known-interference scenario,
since otherwise diversity gain is upper-bounded by that of the all-active case and

time-sharing is not necessary.

e Let us define the distance between two clusters as

@(Cl,CQ) £ min @(ll,lg), (336)

11 €C1,l12€C2
where [ and [y are two links in the clusters C; and Co, respectively, and Z(ly, )
denotes the distance between these links (normalized in terms of the distance
between two neighboring links). For 2(C;,C;) > (O%OL the interference from
neighboring clusters is negligible with respect to the noise and increasing the
distance between the clusters while incurs that less portion of the time is allocated
to the clusters, it does not effect the diversity gain. Therefore, we consider

(. C;) < [, (3.37)

&%)

for any active neighboring clusters C; and C;.

From all the above observations, it follows that the diversity gain is a function of k&,

the number of links in a cluster, and s, the distance between two neighboring clusters.
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We denote the diversity gain of the specified cluster by d®*(r).

3.3.1 Unknown interference channel

Following Theorem 3.1, we have
AP (r) =1— (1 = sap)t —rs, (3.38)

where 1 < s < (aiow The network diversity is optimized on the distance between

clusters as follows:

d*(r) = maxd®(r). (3.39)

S

Noting (3.38) and (3.39), we can write

I—(s"+1)r r<1-s*a
d'(r) =9 s*(ag—7r) 1—say<r<a (3.40)
0 Otherwise
where s* = Laioj The diversity-multiplexing trade-off of the network is depicted in
Fig. 3.3.1 for ap = 0.32. It is compared with the diversity-multiplexing trade-off of two
scenarios; i) all the links are active simultaneously (all-active), ii) the active links do
not see interference from each other (orthogonal-transmission). It can be observed that
orthogonal-transmission scheme is optimum for low multiplexing gains while all-active

scheme is closer to optimum for high multiplexing gains.

3.3.2 Known interference channel

Defining § (%, 3., B4) as the diversity gain in (3.24), we interpret d*)(r) in terms of

5 as follows:

d(r) = Fa(rs, (1 — sag)™, (1 — 2sa0) ). (3.41)
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Figure 3.2: The diversity gain of a one-dimensional network vs. multiplexing gain for

Qp = 0.32.

where

and

d"(r) =

r(s+2)

The maximum diversity gain can be obtained as

d*(r) = max d®)(r).

s (]_ — Oéo)+, (]_ — (8 + 1)(){0)+).

(3.42)

(3.43)

(3.44)

(3.45)

(3.46)
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Figure 3.3: The diversity gain of a one-dimensional network vs. multiplexing gain for

Qp = 4.

The diversity-multiplexing trade-off of the network is depicted in Fig. 3.3.2 for oy = 0.4
and is compared with all-active and orthogonal-transmission scenarios. Fig. 3.3.2
clearly shows that the optimum scheme depends on the rate of transmission, e.g. for
low multiplexing gains, the performance of orthogonal-transmission scheme is close to
optimum while for high multiplexing gains, the performance of all-active scheme is

optimum.

3.4 Conclusion

This chapter introduces a measure for optimally allocating bandwidth among users con-
sidering network’s infrastructure density in wireless networks. The diversity-multiplexing

trade-off curve is characterized for one-dimensional equally-spaced Rayleigh fading net-
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work. The results show that we can significantly improve the performance if we carefully

select the TDMA scheme based on the desired data rate and network density.



Chapter 4

Time-varying Single-User Channel

with Partial CSI

Communications theory over time-varying channels has been widely studied from differ-
ent perspectives regarding the availability of the channel state information (CSI) at the
transmitter and/or the receiver. Communication with perfect CSI at the transmitter
is studied by Shannon in [13], where the capacity is expressed as that of an equivalent
memoryless channel without side information at either the transmitter or the receiver.
Communication with perfect CSI at the receiver is investigated, for example, in [26].
With the assumption of perfect CSI at both the transmitter and the receiver, the capac-
ity of finite state Markov channels (FSMCs) and compound channels is studied in [9]
and [55], respectively.

In practice, the assumption of perfect CSI is not practical due to estimation in-
accuracy, limited feedback channel capacity, or feedback delay. Communication with
imperfect side information is well investigated in the literature [6,18,32,33,47]. In [18],
the capacity of FSMCs is evaluated based on the assumed statistical relationship of

the channel state and side information at the transmitter. The channel capacity, when

40
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feedback delay is taken into account, is studied in [22,53]. The optimal transmission
and feedback strategies with finite feedback alphabet cardinality is investigated in [54].

In this chapter, we consider a point-to-point time-varying channel with perfectly
known CSI at the receiver. It is assumed that the channel is constant during a channel
use and varies from one channel use to the next, based on a Markov random process.
The CSI is provided at the transmitter through a noiseless feedback link at regularly-
spaced time intervals. Every T' channel use, the CSI of the current channel use is fed
back to the transmitter. We obtain the channel capacity of the system and show that
it is achievable by multiplexing 7" codebooks across the channel. It is worth mentioning
that for FSMCs, the results of [18] apply directly to compute the channel capacity, if
the CSI at the transmitter and receiver are jointly stationary. However, in our model,
the CSI at the transmitter is not stationary. Moreover, we utilize the introduced feed-
back model to obtain the capacity of additive white Gaussian noise (AWGN) channel
with time-correlated fading. It is shown that the capacity is achievable using a sin-
gle codebook with adaptively allocating power based on the side information at the
transmitter. Also, the optimum power allocation is derived.

The rest of the chapter is organized as follows; In Section 4.1, the system model
is described and the channel capacity is obtained. The capacity of time-correlated
fading channel with periodic feedback is derived in Section 4.2. The impact of channel
correlation and feedback error on the capacity is evaluated in Section 4.3. Finally, the

chapter is concluded in Section 4.4.

4.1 Markov Channel With Feedback State

We consider a channel with discrete input X,, € X and discrete output Y,, € ) at

time instant n. The channel state is characterized as a finite-state first order Markov
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process:

Pr(u, [u}™*) = Pr(u,|u, 1) (4.1)

The channel output at time n is assumed to depend only on the channel input and state
at time n, i.e. Pr(y,|zd,ud) = Pr(y,|z,, u,). Hence, the block transition probability

of the channel is
N

Pr(yN |z, ulY) = H Pr(y,|x,, u,), (4.2)

n=1

which implies that the channel is memoryless given the state process U, € U. It
is assumed that CSI is perfectly known at the receiver. The CSI is provided at the
transmitter through a noiseless feedback link periodically at every T symbols, i.e.,
Uy, Uriq,Usry, - - - are sent over the feedback link and instantly received at the trans-
mitter. Assume that the codeword length, N, is an integer factor of T and M £ %

Let us define V; £ Urg_1)11 for 1 <i < M and 7 = 2] + 1.

Encoding and Decoding

Assume that W € W is the message to be sent by the transmitter and A,, = 2% is the
cardinality of W. A codeword of length N is a sequence of the encoding function ¢,
which maps the set of messages to the channel input alphabets. The input codeword
at time n depends on the message w and the CSI at the transmitter up to time n, i.e.
)

T, = @n(w, v]). (4.3)

The decoding function, ¢, maps a received sequence of N channel outputs using CSI

at the receiver to the message set such that the decoded message is @ = ¢(y¥, ul).

Theorem 4.1. The capacity of a finite state Markov channel with periodic feedback is
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given by

%ZZPr(v) max ZPt(u]U)[(X§Y’U>U)a (4.4)

qt(x|v)
where T is the feedback period, Pi(u|v) = Pryu,_,.,(ulv) and q(x|v) is the random
coding probability distribution function (PDF) parametrized with subscript t to reflect

the dependency on time.

4.1.1 Achievability

We state a result on the capacity of FSMCs, which we then apply in the proof. It is
shown that the capacity of FSMCs with perfectly known CSI, U, at the receiver and

side information V' at the transmitter is [18]

C= Z Pr(v)max » Pr(u|v)I(X;Y|u,v), (4.5)

q(alv)
where U and V are jointly stationary and ergodic with joint PDF Pr(U, V) and V is a
deterministic function of U.
We consider the channel as T" parallel subchannels where the ™ subchannel (1 <
t < T') occurs in time instances (i—1)T'+¢,1 < ¢ < M. Noting that the channel state of
the ™ subchannel {Uj;_1yr++}, and the side information at the transmitter {V;}, =
{Uu—1yr+1}, are jointly stationary and ergodic, we define P,(ulv) = Pry,p, ., (u|v)
for 1 <t < T. Using (4.5), the achievable rate of the ¢ subchannel is
R, = Z Pr(v) max Z P, (u|0)I(X;Y |u,v). (4.6)
T codebooks are designed corresponding to R; for 1 < ¢ < T and multiplexed across

the T subchannels, i.e., at time instants (i — 1)T +¢ for 1 < i < M, the channel inputs

tth

from the t*" codebook are sent over the channel. Therefore, the achievable rate is

R= % D) Pr(v) max > Py(ulv)I(X;Y]u,v). (4.7)

qt(z|v)
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4.1.2 Converse

44

In this part, we prove the converse to the capacity theorem. The proof is motivated by

the proof in [18]. From the Fano’s inequality [20], we have
HW|Y,UN) < P.log Ay, + h(P.) = Ney,
where P, = Pr(W # W) and ey — 0 as N — oo.

HWIY®,0Y) = HWUY) - 1(W; Y |0)

— NR—I(W;YMUY)
Using (4.8) and (4.9), we can write
1 N{7TN
R < N[(VV;Y1 |UY) + en.
Then we have,

IW; YN UY)

N
=Y I(W; Y, |U, vy )

n=1

N
=Y HY|UY, Y = HY,|UY, Y w)
n=1

H(Yn‘Um ‘/1ﬁ> - H(Yn‘UlN7 lenila W)

i
L

IAs
] =

i
L

M-

[(X,0; Yol Un, V),

1

3
I

(4.8)

(4.9)

(4.10)

(4.11)

(4.12)

where (a) follows from the fact that the channel output is independent of the message

and past channel outputs given the state of the channel and the channel input. On the
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other hand, for a given n, we have

I(X; Yo |Un, V1Y)

=Y Pr(ug|va, o] )Pr(op o) Pr(va) I (X Yoty v v3)

Un v?
—Z Pr(u,|vs)Pr(v Z Pr(v] ™ op) 1(X; Yo, 0778 v3)
éz Pr(u, |va)Pr(vq) (m&|LX)](Xn,Y | tn, vi), (4.13)

where q(x,|v;) = Dt Pr(vf ! o) Pr(z,[vf), (b) follows from the property in (4.1),
and (c) results from the concavity of mutual information with respect to the input

distribution. Replacing n = (n — 1)T + ¢ in (4.13) and using (4.12), we have

(WY, |U7Y)

SZZZ Z Pr(u(—1yre|va)Pr(vs) x

n=1 t=1 Vp U(R—1)T+t

max [(X(ﬁ—1)T+t; Yr(fz—l)T—l—t’u(fz—l)T—f—ta Uﬁ)
Q(x(ﬁfl)T+t‘Uﬁ)

(4.14)

=M > Py(ulv)Pr(v) max I(X;Y|u,v), (4.15)

z|v
t=1 wu,v a(@|v)

where (4.15) follows from the fact that {V;}¥, and {Uj;_1yr4+}2L, are jointly stationary
and ergodic and the right-hand side of (4.14) does not depend on 7. Using (4.10) and
(4.15), we have

qi(z|v)

R < —ZZPr max Z.Pt ulv)I(X;Y|u,v) + en. (4.16)
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4.2 Gaussian Channel

In this section, we consider a point to point transmission over a time-correlated fading
channel. It is assumed that the channel gain is constant over each channel use (symbol)
and varies from symbol to symbol, following a first order Markovian random process.
The signal at the receiver is

Tn = hpXy + 2n, (4.17)

where h,, € C is the fading gain and z, is AWGN with zero mean and unit variance. It
is assumed that the CSI is perfectly known to the receiver. Every T' channel use, the
instantaneous fading gain is sent to the transmitter through a noiseless feedback link,
ie., |hi], |hrsal, -+, [hau—1yr41] are fed back and instantly received at the transmitter.

Let us define u, = |h,|*> for 1 < n < N, v; £ |hg_yrqi]? for 1 < i < M
and Py(u|v) £ Pry,,, ,.,(u[v). The average input power is subject to the constraint
E[|z,|*] < P. In the following, E;[g(U, V)] denotes the expectation value over g(u,v)
where U and V' have joint PDF P;(u,v).

Theorem 4.2. The capacity of time-correlated fading channel with periodic feedback is

max % S Ry flog(1 + U, (V))], (4.18)

p1PT
subject to %Zthl E[p, (V)] <P, where T is the feedback period.

First, we recount some results on the capacity of single user channels, which is
applied in the proof. A general formula for the capacity of single user channels which is
not necessarily information stable or stationary is obtained in [50]. Consider input X
and output Y as sequences of finite-dimensional distribution, where Y is induced by X
via a channel which is an arbitrary sequence of finite-dimensional conditional output

distribution from input alphabets to the output alphabets. The general formula for the



Time-varying Single-User Channel with Partial CSI A7

channel capacity is as follows:

C =supl(X;Y), (4.19)
X

where [(X;Y) is defined as the liminf in probability of the normalized information

density [50]

| 1 Pr(YN|X)
XN_ YN — 1 1 1
ZN( 1941 ) N og Pr(Y'lN)

(4.20)
Assume that the channel state information, (), is available at the receiver. Considering
@ as an additional output, the channel capacity is C' = supy I(X;Y,Q). If @ is not
available at the transmitter and is consequently independent of X, then the capacity

is [8]
C =sup [(X;Y]Q), (4.21)

where I(X;Y|Q) is the liminf in probability of the normalized conditional information

density
, 1 Pr(YNIXN, QV)
ZN(XfV§Y1N‘QiV) = Nlog Prl(yN‘lQN)l
1 1&h

Now, we are ready to prove Theorem 2, where the proof is motivated by the proof

(4.22)

in [18].

4.2.1 Achievability

Noting (4.17), the processed received signal at time n is

h*
Yp = rnﬁ = |hn|zn + 2., (4.23)

where 2z, = h—”zn, which has the same distribution as z,. The transmitter sends

|n|
Tp =V pn(vﬁ)sm (424)

over the channel where s, is an i.i.d. Gaussian codebook with zero mean and unit

variance, and p,, : R, — R, is the power allocation function. Using (4.23) and (4.24),
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we can write
Yn = \/QnSn + 2, (4.25)

where ¢, = p,(vi)|hn|* = pn(vi)u,. Noting (4.25), we have a channel with input S and
output Y and channel state ), which is known at the receiver. Since QY is independent

of SV, we can use (4.21) to obtain the achievable rate.

1 Pr(YNISN, Q)
SN,YN — 1o 1 1 %1
in(S ‘Q1) N 8 Pr(YN| QM)
d 1 Pr(Yn’SnaQn)
:N & TPY, Q)
n=1 r( n‘Qn)

RS |, )
== > (1og(1 +Qn)+ 5 "o — |2, ) (4.26)
n=1

where (d) results from the fact that SN and Z') are i.i.d. sequences and the last line

follows from the fact that Y,, conditioned on @),, is Gaussian with zero mean and variance

1+ @Q,. Note that as N — oo, + 7]:[:1 % =~ Zf:[:l |Z!'|? = 1 with probability one.

Therefore, with probability one, we have
in(S7; Q)

1 N
- X7 log(1+Qn)
P>
1 T
=T 2
t=1 1
il

t=1 7

M=

log(1 + Qi-1yr4+1)
1

M:

log 1 + U(Z 1 T+t10(z 1)T+t(v)) (4.27)

HIH

1

Noting that {Ug_1yr4¢}22, and {V;}, are jointly stationary and ergodic for 1 < ¢ < T,
we define P(u,v) to be their joint PDF. We set pi_1yr4y = p, for 1 < ¢ < M and

1<t<T. As M — oo in (4.27), the sample mean converges in probability to the
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expectation. Therefore, the achievable rate is
L I
R = T ZEt[log(l +Up,(V))]-
t=1
4.2.2 Converse
Using (4.11), we have

(WY 0Y) < ) H(Ya|Un, Vi) = H(Yo|Un, X, VY)

] =

i
L

Eflog(1 + U E[| X, [*[V{"])]-

3
Il
—

The above inequality relies on the facts that
H(Y,|U,, X, V") = H(Z,) = log 2me

and

H(Y,|Un, V") < Ellog(2me(1 + UE[| X, V7).

49

(4.28)

(4.29)

(4.30)

(4.31)

The upper-bound in (4.31) is achieved if X,, conditioned on V;* has a Gaussian distri-

bution. We set z, = +/f(v]')s, where f, : RT — R, and S}’ is an i.i.d. Gaussian

sequence with zero mean and unit variance. On the other hand,
Eflog(1 + Unfu(Vi"))] = E[E[log(1 + Un fu (V") |Un, Vil

SR flog(1 + E[U, fo (Vi) |Un, Vi)

=E[log(1 + U,E[f, (V") [Va])],

(4.32)
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where (d) follows from the concavity of the logarithm. Let us define p,, (V) = E[f,,(Vi*))|Va].
By using (4.29) and (4.32), we obtain

HUBRIAS

==

E[log(l + Unpn(vﬁ))]

A
==
Mz

3
Il
—

M
Z Ellog(1 4+ U-1yr+tpi—1yr+¢(Vi))]

=1

’ﬂIH
B
<l

I
I\

M

1
< Eflog(1 + -~ ; Ut—vyrepi-nr+(Vi))] (4.33)

N[ =
]~

~~
Il

1
Using (4.33) and noting the fact that that {Uy_1yr4¢ 12, and {V;}M, are jointly sta-

tionary and ergodic for 1 <t < T, we can write

]1VI( Y NUN) < ZEt log(1+ Up,(V))], (4.34)

t=1

where 7,(.) £ SM pii-1)r+t(.). Combining (4.10) and (4.34), we conclude that

R < 2 3" Eillog(1 + Up(V)] (4:35)

t=1
subject to %ZtT:l E[p, (V)] < P.
|
Remark: In Section 4.1, we proved that the capacity of Markov channels is generally
achieved by using multiple code multiplexing technique. However, for AWGN channel
with time-correlated fading, the proof relies on using one Gaussian codebook, where
the symbols are adaptively scaled by the appropriate power allocation function based

on the side information at the transmitter.
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4.3 Performance Evaluation

We study the impact of the channel correlation and feedback period on the capacity
of the time-correlated Rayleigh fading channel. Let us assume that time-correlated

Rayleigh fading channel is a Markov random process with the following PDF [11]:

e u>0
Pr(u) = . (4.36)
0 Otherwise

Pi(ulv) = d(v),

Pi(ulv) = ®(u,v,a'), (4.37)

where

% ex <_u+022y) T 20\/11?11 u > 07
l1—0o p l1—0o O( l1—0o ) - (438)

0 Otherwise.

D (u,v,0)=

In (4.38), 0 < 0 < 1 describes the channel correlation coefficient and Zy(.) denotes
the modified Bessel function of order zero. Noting that the capacity in (4.18) is a
strictly concave region of p,, 1 < ¢ < T, we numerically solve the convex optimization
problem.

In Figure 4.1, the capacity is depicted versus the feedback period for various channel
correlation coefficients and compared to the capacity when no CSI is available at the

transmitter.

4.4 Conclusion

We have obtained the capacity of finite state Markov channel with periodic feedback

at the transmitter. Also, the channel capacity and optimal adaptive coding is derived
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Figure 4.1: Capacity of time-correlated Rayleigh fading channel versus 7" for SNR =1
and channel correlation coefficients o = 0.97,0.95,0.9,0.8. The dash-dot line is the

capacity with no side information at the transmitter.
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for the time-correlated fading channel with periodic feedback. It is shown that the

optimal adaptation can be achieved by a single Gaussian codebook, while scaling by

the appropriate power.



Chapter 5

Time-varying Multi-User Channel
with Partial CSI

The time-varying fading inherent to the wireless link is one of the main challenges
in designing wireless communication systems. Adaptive signaling schemes which use
knowledge of the current channel fading values to optimize the transmitted signal, can
significantly improve the performance of communications systems operating over fading
channels. Utilizing optimal dynamic power and rate allocation strategies, the ergodic
capacities with CSI at both the transmitter and the receiver of a single-user fading
channel, a fading multiple access channel, and a fading broadcast channel are obtained
in [1], [2] and [27], respectively.

In practice, the assumption of perfect CSI is not feasible due to estimation inac-
curacy, limited feedback channel capacity, or feedback delay. Communication with
partial CSI in time-varying point-to-point channel is well investigated in the litera-
ture [6,18,32,33,47]. However, there are few results on the performance of time-varying
broadcast channels with partial CSI at the transmitter. The capacity region for a cer-

tain class of fading Gaussian broadcast channels when the receivers have the perfect

o4
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CSI while the transmitter has no CSI is derived in [15]. In [42], the ergodic capacity
region for a fading broadcast channel is obtained assuming the transmitter knows only
the channel ordering information of the users. In this work, applying adaptive signaling,
we study the asymptotic throughput of a time-varying broadcast channel with partial
CSI at the transmitter assuming large number of users in the system.

We confine the signaling scheme to opportunistic scheduling which employs mul-
tiuser diversity. In a broadcast channel where users have independent fading and feed
back their SNR to the base station (BS), system throughput is maximized by transmit-
ting to the user with the strongest SNR [14,41]. Multiuser diversity underlies much of
the recent works for downlink scheduling [7,39,43,46,56]. Multiuser diversity has also
been studied in the context of multiple antenna systems [38] and ad-hoc networks [31].

We consider a broadcast channel in which a BS transmits data to a large number of
users in a time-correlated flat fading environment. It is assumed that CSI is perfectly
known to the receivers, while the BS only knows the statistical characteristics of the
fading process for all users (which is assumed to be constant during a long period).
Moreover, each user feeds back its channel gain to the BS at the beginning of each
frame (initial fading gain). Based on this information, the BS selects the user with
maximum initial fading gain for transmission in each frame. The BS adapts the rate
and/or the codeword length of the selected user based on the available information.

We analyze different adaptive signaling schemes; i) the BS adapts the rate of the
selected user to its initial fading gain, ii) the BS adapts the rate based on both the initial
fading gain and statistical characteristics of the fading process of the selected user, and
iii) the BS adapts the rate and codeword length based on the initial fading gain and
statistical characteristics of the fading process of the selected user. We characterize
the asymptotic throughput of the system applying the underlying adaptive techniques

assuming large number of users.
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The rest of the chapter is organized as follows; In Section 5.1, the system model is
described. Section 5.2 is devoted to study of the error exponent of time-correlated fading
channel in the downlink system described in Section 5.1. In Section 5.3, asymptotic
throughput of various adaptive signaling strategies are derived for large number of
users. Finally, in Section 5.4, we conclude the chapter.

Throughout this chapter, E{.} and var{.} represents the expectation and variance,

respectively, “log” is used for the natural logarithm, and rate is expressed in nats. For

fN)
gy | < OO

J(N) = o(g(N)) is equivalent to limy_. ‘%‘ =0, f(N) = w(g(N)) is equivalent

to limy o0 % = o0, and f(N) = Q(g(N)) is equivalent to limy_. % = ¢, where

0<ec<oo.

given functions f(NN) and g(N), f(N) = O(g(N)) is equivalent to limy_.

5.1 System model

The channel of any given user is modeled as a time-correlated fading process. It is
assumed that the channel gain is constant over each channel use (symbol) and varies
from symbol to symbol, following a Markovian random process. Assume that the fading
gain of k™ user is hy = [hyg, ..., hy, |7 where hiy, 1 < i < Nj are complex Gaussian
random variables with zero mean and unit variance and Ny, is the codeword length of

the k" user. The received signal for the k™" user is given by
T, = Xihy +ny, (51)

where X, = diag(z1 4, Tog, ..., TN, k) 1S the transmitted codeword with the power
constraint’ E{|z; x[*} < P, and n; is AWGN with zero mean and covariance matrix I.

Assume that hg is the fading gain at the time instant before X, is transmitted. The

1Obviously, for maximizing the throughput, the power constraint translates to E{|z; x|?} = P.
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sequence u; = |h; x|, 0 < i < Ny, is assumed to be a stationary ergodic chain with the

following probability density function [11]:

2

2ue™, u >0

Juo i (0) = (5.2)
0. otherwise
Ny
flun g, uap, -+ ung kluor) = HQk(ui,k‘ui—l,k)a (5.3)
i=1

where,

2, 2,2
2u u”+av ) 20UV
exp | — I u >0
1-o? p ( 1-a? 0( 1-a? ) =

qr(ulv) =
0 otherwise

in which 0 < o < 1 describes the channel correlation coefficient of the k'™ user and
Zo(.) denotes the modified Bessel function of order zero. It is assumed that CSI is
perfectly known at each receiver, while ug, 1 < k < K are known at the transmitter.
It is assumed that o, 1 < k < K, are i.i.d. random variables which remain fixed during
the entire transmission. We assume that apin < ap < amax Where 0 < aupin < Qpax < 1,
i.e. we exclude the i.i.d. fast fading and quasi-static fading model. To obtain the result
in a closed form, we assume that oy has a uniform distribution. Generalizing the results

for other distributions is straightforward.

5.2 Time-Correlated Fading Channel’s Throughput

We use average throughput per channel use as our measure of performance to compare
the performance of various adaptation schemes. Average throughput per channel use
is frequently applied to study the performance of communication systems, e.g. [12,48].
First, we evaluate the error exponent of the channel model described in previous section

and derive the corresponding achievable throughput. Using the concept of random
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coding error exponent [20], the frame error probability, p., can be upper-bounded as

< —N(E(p)—pR) )
pe_oér;;e : (5.4)

where R is the transmitted rate per channel use and E(p) is the corresponding error
exponent. This bound is tight for rates close to the capacity as used in [3,5,17]. We

define the £™ user’s average throughput per channel use, denoted by T}, as

Ti 2 Ri(1 — inf e NEP)=pRL), (5.5)

0<p<1

Assuming s; 5,1 <@ < Nj, are Gaussian and i.i.d., it is shown that the random coding
error exponent for the k™ user, Ey(p), is given by [3],
1 L 1 ’
Ei(p) = ~ 7, 108 Ew, {11 (ﬂ) } : (5.6)
where wy, = [u1 g, ..., Un, k]
In the following, we assume that g, > 1. Since in schemes introduced in this work,
a user is selected if the corresponding initial fading gain is maximum, this assumption

is valid when the number of users is large.

Theorem 5.1. For the channel model described in the previous section, and assuming

U 45 known, we have

Pug o 1 2
1 @] — O (e "or ). 5.7
NkZP 0g< 1+p) o <‘/u07;€) <€ ) (5.7)

Proof. See Appendix A. O
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Noting (5.7), we have

B R L5 og [ 14 Lo Reoto L O (e vds
_ - LR _ U,
k(p) — pRy NkZp |1t pRy + — (e )

= pllog(Pug ) + (Nj, + 1) log(a) —log(p + 1) — Ry

v 0(=) -0 (). (5:8)

It is easy to show that p;” which minimizes the bound in (5.4) or equivalently maximizes

(5.8) for large values of g is

log(1 + poP) + £ — < log(2) + 1
og(l+p”) + TP B, Br <log(2) + 3 (5.9)
Pt =1, Bk >1log(2) + 3
where
Or = log(Puak) + (N + 1) log(ay) — Rg. (5.10)

Using (5.4), (5.5), (5.7) and (5.8), we have

T = Ry [1— e N(B0 R

~ R [1 _ efpzptNk(log(Pug,k)Jr(NkJrl)10g(0¢k)*10g(ﬁzpt+1)*Rk):| _ (5.11)
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5.3 Adaptive Signaling Schemes: Performance Anal-
ysis

In this part, we study the asymptotic throughput of various adaptive signaling schemes
in a time-correlated fading broadcast channel assuming large number of users. In these
schemes, the BS transmits to the user with the maximum initial fading gain applying
code rate and/or codeword length adaptation. The adaptation is performed based on
the initial fading gain and/or channel correlation coefficient of the selected user. For
simplicity of notation, let us define v as the initial fading gain of the selected user, i.e.

A . . . .
v = maxj<x<x u3, and « as the fading correlation coefficient of the corresponding user.

5.3.1 Adaptive Code Rate

In this scheme, the rate of the selected user is adapted to its initial fading gain. The
codeword length is assumed to be fixed for all users at all time, i.e., Ny = Ny = --. =

Ng = N, where N is selected such that the system throughput is maximized.

Theorem 5.2. The asymptotic throughput of the system scales as

Plog K

T, ~log ( ) - 2\/log(a;li1n) loglog (Plog K), (5.12)

as K — oo.

Proof. We derive the lower-bound for the throughput of the selected user by setting

p°P" = 1. Using (5.11), we can write?

Ti(v,a) > R|1— e N(oa() D loge)-R)| (5.13)

2We drop user index of parameters R and p°P* for the selected user.
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By averaging over «a, we have

E{Ti(v,0)} > R |1 e (os(%)R) Cnin e
{7 )= (N(N +1) = 1)(max — Qmin)
e—N(log(%)Jr(NH) 10g(@tmin) — ) ]

(N(N+1)—1)p

i —N(N+1)+1 a_N(N+1)+1 ]

> R|1-

(5.14)

where = @max—%min - The Jower-bound can be tightened by maximizing the right-hand

Qmin

side in (5.14) over N. Consequently, we have

BT ) 2 dog () - 2flogtagh)loglog (Po). (519

Noting that v ~ log K +O(loglog K'), with probability one [34], we obtain the following

lower-bound on the achievable throughput of the system.

Plog K
2

T, 2 log ( ) - 2\/log(oz;nln) loglog (P log K). (5.16)

To derive the upper-bound, we re-write the averaged throughput as follows:

Ec{Ti(v,0)} = Euo{Ti(v,a)[B}P(B) + Ea{Ti(v,0)|B}P(B%).  (5.17)
where B = {p;”" = 1}. We characterize the region of B over [Qpin, Qtmax] by formulating

P as follows:

opt

log(1+p") + 555 = B, omin < @ < g

(5.18)
popt = 17 ap < O < Opax

where g can be optimized to maximize the throughput of the selected user.

N(p°PF)?

E{Ti(0,0)[B} = Eo{R(1-c¢ T )}

opty2
< R(1— e BTN
< Rl—e?)
(a) _ log(Pvth
< R(1—e 2eslen)), (5.19)
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log(Pv)—R
log(a—1) -

where (a) follows from the fact that 8, > 0 in (5.10) and therefore N <

Maximizing the right-hand side of (5.19) over R, for large values of v, we have
E {71 (v,a)|B} < log(Pv) —2log(ag!) loglog(Pv). (5.20)
On the other hand, we have

E{Ti(v,0)|B} = Eo{R[1—e o) r0nster-n)) ]

P
< log (71}) — 2\/log(a;li1n) loglog (Pv). (5.21)
Noting (5.17), (5.20) and (5.21)
Pv 1
E{Ti(v, )} < log - ) 2\/log(amin) log log (Pv). (5.22)
— Plog K
T, =E{Ti(v,a)} =< log ( °8 ) - 2\/10g(oz;iln) loglog (Plog K). (5.23)
Noting (5.16) and (5.23), the result of the theorem is obtained. O

5.3.2 Rate Adaptation based on Correlation Coefficient

The BS adapts the data rate of the selected user with respected to both the initial
fading and fading correlation coefficient of its channel. The codeword length of all

users is fixed and is selected such that the throughput of the system is maximized.

Theorem 5.3. The asymptotic throughput of the system scales as

Plog K
2

Ty ~ log ( ) — 2¢/E{log(a=1)} loglog(Plog K), (5.24)

as K — oo.
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Setting the derivative of (5.11) with respect to R to zero, we find the rate of the

selected user and the corresponding throughput in terms of v and « as follows:

B Pu log(1 + p®*NR)
R = log (1 n popt) + (N + 1) log(a) — SN : (5.25)
v log(1 + p°P*NR)
T(v,a) = {log (1 n popt) + (N +1)log(a) — SN
1
| 2
{ 1+ pOPtNR} ’ (5.26)
where noting (5.9), p°* is determined as follows:
log(1 4 pP") + £ = 3, < log(2) + 1
g(1+ ) + {2 B, B <log(2)+ 3 (5.27)
PP =1, B>1log(2)+ 3
Using (5.10) and (5.25), we have
log(1 4 p**NR)
_ opt
B =log(1l+ p°*) + SN : (5.28)
Let us define R* and event A as follows:
R* £ log(Pv) + (N + 1) log(«)
(5.25),(5.28) Ris (5.20)
1
A={R" > 3 log(Plog K)}. (5.30)

In the following, we derive upper-bounds for the throughput of the system in terms of
R* and A which we use later in Lemma 5.4 and Lemma 5.5.
T, = E{Z3(v, )}

(5.25),(5.26)
<

E{R}

- E{R|A}Pr{A} + E{R|A°}Pr{A“}

G20 (B{R*|AY — E{B|A}) Pr{A} + E{R]AYPr{AC}
< E{R"} — E{B|A}Pr{A} (5.31)
< E{R"}, (5.32)
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where (5.31) is derived by replacing R with R*, noting R < R*, and Pr{A} can be
computed as follows:
1
Pr{A} = Pr{log(Pv)+ (N +1)loga > 3 log(Plog K)}

1
= 1 —Pr{log(Pv) + (N +1)loga < 3 log(Plog K)}

= 1— /OOO Pr {loga < Ni . (% log(Plog K') — log(Px)) x} fo(x)dx

=1 —/ F, (eﬁ(%1°g(P1°gK)_1°g(P$))> folx)dx, (5.33)
0

where f,(.) and Fj(.) are probability density function and cumulative density function

of random variable y, respectively. Noting that o has a uniform distribution, we have

log log K o0 7log(Pz)
Pr{A} = 1-—e2®+D e N+t f(x)dx
0
__log(Plog K)
e 2(NF1) — oy,
~ 1 — max{0, =2
max — (min
_log(Plog K)
. Nyyin — € 2(N+1)
= min{l,1+4+ —= } (5.34)

Omax — Qlmin
where the second line follows from the fact that v ~ log K 4+ O(loglog K'), with proba-
bility one [34].

According to (5.27), there are two regions for p°P* of the selected user. To obtain
the throughput of the system, we upper-bound the throughput in these two regions
in Lemma 5.4 and Lemma 5.5, respectively. Then, we derive a lower-bound for the

throughput of the system in Lemma 5.6.

Lemma 5.4. Assuming [ < log(2) + %, the throughput is upper-bounded as follows:
T o1 Slog(Plog K) — (log(log(Plog K) — 21og(2)))E{log(a ")} Pr{A}.  (5.35)

Proof. Using (5.27) and (5.28) and noting < log(2) + 3, we obtain

N

opt)—1 opt\—2 _

(5.36)
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Noting p°P* < 1, it follows from (5.36) that
N > log(1+ p™ NR). (5.37)

Assuming R is large enough, from (5.36), we have

popt N R

2R = pP'N > 2. 5.38
log(1 + p°P*NR) - P - (5.38)

Using (5.37) and (5.38), we can write
(5.37)
N > E{log(l+ p™ NR)A}Pr{A}
"2 B{(log(1 + 2R))|AYPr(A)

S (log(log(Plog K) — 21og(2)))Pr{A}, (5.39)

where (a) results from the fact that conditioned on A, we have R = R* — 3 >
5 log(Plog K) — 3 —log(2). Noting that v ~ log K + O(loglog K), we can write the
throughput of the system as follows:

_ (5.29),(5.32)
Ty < E{log(Pv)+ (N +1)log(a)}

= E{log(Pv)} — (N + 1)E{log(a™ ")}

< log(Plog K) — (log(log(Plog K) — 2log(2)))E{log a ' }Pr{.A}(5.40)

O

Lemma 5.5. Assuming 3 > log(2) + %, the throughput is upper-bounded as follows:

Plog K

T Slog ( ) — 2v/E{log a—1}y/loglog(Plog K). (5.41)
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Proof. Noting § > log(2) + 3, from (5.27), we have p°®* = 1. Hence, using (5.29) and

(5.31) and noting v ~ log K, we can write

Ty < log(PlogK)—(N+1)E{log(a™)} — E{s|A}Pr{A}

(5-28) log(1+ NR)

< log(Plog K) — (N + 1)E{log(a™ ")} — E{log(2) + N |A}Pr{A}

< log(Plog K) — (N + 1)E{log(a™ ")}
log(L log(Plog K) — 'eUtNIoePloe X)) _150(2)) | log N

N N T los(2)| Pr{A},
(5.42)
where (a) follows from the fact that conditioned on A, we have
R = R -p
> %log(Plog K)— w —log(2)
> %log(Plog K)— log(1 + Nl;;g(Plog K) _ log(2). (5.43)

The last line results from the fact that R < log(Plog K') which follows from (5.25).
Substituting (5.34) in (5.42), and setting the derivative of 7o to zero with respect to

N, we obtain

log log(P log K)
NPt ~ 1 1)]. 44
\/ o o) (5.44)
Substituting (5.34) and (5.44) in (5.42), the result of the lemma follows. O

Lemma 5.6. The throughput can be lower-bounded as follows:

Plog K

T4 2 log ( ) — 2y/E{log a—1}loglog(P log K). (5.45)

Proof. The throughput can be lower-bounded by setting p°* = 1 for all values of v and
a in (5.26). Using (5.25) and (5.26), we can write

R

_— B
T2 z BR-173R

1, (5.46)
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where
P log(1+ NR
R = log (—U> + (N + 1) log(a) — M. (5.47)
2 N
Averaging the right-hand side of (5.46) and setting N = %, the result of
the lemma is obtained. O

The Proof of Theorem 5.3: Lemma (5.4) and Lemma (5.5) provide upper-bounds on
two complementary cases where p°P* of the selected user is either less than 1 or equal
to 1 in (5.35) and (5.41), respectively. Lemma (5.6) lower-bounds the throughput of
the system as in (5.45). Comparing (5.35), (5.41) and (5.45), we conclude the result of

the theorem.

5.3.3 Adaptive Code Rate and Adaptive Codeword Length

In this scheme, both the code rate and codeword length of the selected user are adapted
to maximize the corresponding throughput. First, we determine the corresponding code

rate and codeword length. We re-write the throughput of ™ user from (5.11):

opt

T, = R, 1_e—prtNk(log(Pug,k)+(Nk+1)10g(ak)—10g(f>k +1)_Rk):|‘ (5.48)

It is easy to show that T} is a concave function of variables R; and Ny, and the values
of Ry and N, which maximize the throughput (R;™ and N*') satisfy the following
equations:

Rzpt = log(Puak) + (2]\7/,‘313t + 1) log(ag) — log(pzpt +1), (5.49)

opt  [log (1+ ppP NP R
NP = i . : (5.50)
pr log(ay ™)
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It follows that N® — oo and RY™ — 0o as ugy — oo. Using (5.49) and (5.50), (5.48)

can be re-written as follows:

Pu(Q)k opt 1
1%

k AN

Substituting (5.49) in (5.10), we have
B = NP log(a;) + log(p + 1). (5.52)

From (5.9) and (5.52), it is concluded that

N}‘C)pt log(alzl)
opt __ 1—NZ1°t log(agl)

pk N opt -1
1 NP log(ay, ™) >

NP log(a;h) < (5.53)

N N —

Note that since «y, is fixed and oy < 1, then N,‘jpt log(a,;l) > % for large values of w

with probability one. In the case pzpt = 1, the asymptotic throughput is obtained by

substituting (5.49) and (5.50) in (5.51) as follows:

P 2
T, = log ( Zm) ~ 2y /log(0; ) loglog (Pu3 )
(1 L0 (log log 10g(uo,k))) ' (5.54)

log log(uo,1)

From (5.50), the optimum codeword length scales as follows:

log log(Pug ;)

NP~ (5.55)

log a,;l
Theorem 5.7. Assuming K — oo, the asymptotic throughput of the system scales as

follows:

Plog K

T3~ log ( ) — 2E{+/log(a=1)}+/loglog (Plog K). (5.56)

Proof. Noting that the case p°®* = 1 happens with probability one and using (5.54),

we can write

7o = i () - ot st (57 (140 (S8 )
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Noting that v ~ log K + O(loglog K') with probability one, and v and « are indepen-

dent, we obtain the result of the theorem. O

Ts
7manx

Remark 1- Although limKHoo;—% = limg 0o To _ limpg_ o = 1, where

7—rﬂax

T max ~ log (Plog K) is the maximum achievable throughput for a quasi-static fad-

ing channel [34], there exists a gap of Q(y/loglog(Plog K)) between the achievable

throughput of these schemes and the maximum throughput.

Remark 2- Comparing the performance of the underlying schemes, in general we

have 71 < T4 < T5. As an example, for the case of i, = .2 and aumax = .95, we have

_ Plog K
T, ~ log( 08 ) —2.5y/loglog(Plog K). (5.58)
_ Plog K
Ty ~ log( o8 )—1.6\/Ioglog(PlogK). (5.59)
_ Plog K
T3 ~ log ( 02g ) — 1.5+/loglog(Plog K). (5.60)

5.4 Conclusion

A multiuser downlink communication over a time-correlated fading channel has been
considered. We have studied the asymptotic throughput of various adaptive signaling
schemes. Assuming a large number of users in the system, we show that using the
scheduling that transmits to the user with maximum SNR with fixed codeword length
optimized over fading correlation coefficient of the users achieves the order of maximum

throughput. Although the system performance improves by using both adaptive code
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rate and adaptive codeword length at the price of extra complexity, it is shown that

the order of the gap between the maximum throughput and the achievable throughput

remains the same.



Chapter 6

Summary and Future Work

In the first part of thesis, we introduced the diversity-multiplexing trade-off as a mea-
sure for optimally allocating bandwidth among users considering network density. The
diversity-multiplexing trade-off is characterized for Z-channel and multiple-access chan-
nel assuming different scenarios for the SNR of the transmitters. Moreover, we assessed
the performance of a one-dimensional regular wireless network under a general TDMA
scheme. This work can be extended in both theoretical and practical aspects. The
channel model and network model can be changed to fit the practical requirements.
The assumption of regularity in the network ( the transmitter and receivers are equally
spaced) can be relaxed. A random distribution model can be considered for users
locations.

We have obtained the diversity-multiplexing trade-off of Z-channel which is a spe-
cial case of two-user interference channel. Although the capacity region of two-user
interference channel is still unknown, there are some results that show the outer-bound
for the interference channel is tight in high SNR regime [45]. In continuation of this
work, the diversity-multiplexing trade-off analysis can be generalized for two-user in-

terference channel by defining the cross-channel coefficients (interference channels) as

71
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the multiplication of Rayleigh fading and attenuation factor which is an exponential
function of SNR.

Multiple-antenna systems with two well-known benefits, i.e. diversity gain and mul-
tiplexing gain, play a significant role in rate-reliability trade-off in a MIMO wireless
network. The problem of bandwidth allocation in a wireless system in which trans-
mitters and receivers are equipped with multiple antennas is substantially important
in developing next generation communications systems. In this respect, the problem
can be approached through diversity-multiplexing trade-off analysis of MIMO wireless
networks.

In the second part of the thesis, the performance of time-varying channels with par-
tial CSI at the transmitter is investigated. First, we obtained the capacity of finite state
Markov channel with periodic feedback at the transmitter and we designed a codebook
that achieves the capacity. The channel capacity and optimal adaptive coding are also
derived for the time-correlated fading channel with periodic feedback. It is shown that
the optimal adaptation can be achieved by a single Gaussian codebook, while scaling by
the appropriate power. In this part, We have assumed that the CSI is known perfectly
at the receiver. Moreover, the feedback link has unlimited capacity and consequently,
the CSI is received perfectly at the transmitter in regular time instants. To complete
this work, we can consider the channel estimation error at the receiver in our model.
Also, we can assume a limited capacity for the feedback link. By assuming power con-
straint for sending the CSI through feedback link and limited feedback capacity, there
exists a trade-off between the frequency and the accuracy of transferring the CSI. The
more frequently the CSI is fed back, the less precisely the side information is received
at the transmitter. On the other hand, long period feedback results in outdated CSI
and degrades the performance. Therefore, there is an optimal feedback period that

maximizes the capacity.
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In Chapter 5, a multiuser downlink communication over a time-correlated fading
channel has been considered. We have studied the asymptotic throughput of various
adaptive signaling schemes. Assuming a large number of users in the system, we have
shown that using the scheduling that transmits to the user with maximum SNR with
fixed codeword length optimized over fading correlation coefficient of the users achieves
the order of maximum throughput. Although the system performance improves by
using both adaptive code rate and adaptive codeword length at the price of extra
complexity, it is shown that the order of the gap between the maximum throughput and
the achievable throughput remains the same. In this part, we analyze the performance
of the broadcast channel when users have different channel statistics. A very basic
problem can be defined as follows; Consider a Rayleigh fading broadcast channel with
two users. Assume that the channels corresponding to the first user and the second
user are slowly fading and fast fading, respectively. In this scenario, channel coding

design for sum-rate maximization is an interesting problem.



Appendix A

For simplicity, we drop the user index. Noting (5.6), we have Ey(p) = —% log I, where

N P
1
[N:/ / ” <7> p(ulug)du;. (A.1)
oy Juiip \BF lipu22

Using (5.3), we have

N 2 2,2 P
QUZ‘ u; + « Ui 20zuz-ui_1 1
e [ f Tl () () i
un iy 1—a? 1—a? 1 —a? 1+ 1+pu12

—%,OSiSN,wehave

Substituting v; =
& upy/ (1—a?)/

N 'ul-2+a2vi2_1
[N = / Hugvie_ 2/ug Io(augvivi,l)f(vi)dvi
N U1 =1
N _(vi—owi—l)2 )
- / / Hugvie 2ug e Ui T (qudvv_y ) f (vs)dw;, (A.3)
N U1 =1
where,
P
I 1 (Ad)
v;) —
v Pu2(1—a?) o
1+ 2(El+p) U;

For large values of ug, we evaluate the following integral.

_(w—p)?
I = wdve 4% e %M To(udop)p(v)
" o) e (A
= gv)——=e "0 dv, )
/0 ( \/ 27 Jul )
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where g(v) £ V2mvugZy(udvp)e “6" p(v) and @(v) is differentiable and satisfies 0 <

p(v) <1 and p(v) ~ O(uig) Noting that [30]

To(2)e*V2rz =140 G) . oz>1 (A.6)

it is easy to show that ¢(™ () is bounded for x> 0 and n > 1. Using Taylor series of

g(v) about u, we have

o0 Sl (1) _(w-w)?
9" (1) )
I = / + — )" e % dv
i (g(u) ; (=) Neza:
0 X (n) _(v-w)?
9" (1) 1 )
= 1— ug)) + v — ) ————e ¥ dv
g(:u)( Q(:U 0)) 0 = n ( :U) \/W
g™ ) 1 -
= g(p)(1 = Q(puo)) + (v—p)"——=e "0 dv+e
[ _\/%70]+ n=1 n' V 271—/U(Q)
= g1 - Quug)) +0 (L) - (A7)
g\p Huo \/170 . .
where ¢ can be bounded as follows:
a [n— 1" glv) - n)? o0 g(v) _(w-w)?
e < — e 24 dy 4 —2 e 24 dy
0 \/27T/ug o /27 /ud
b / vl v (v/u)2 0o v 7@;#2)2
< 76 25 du + /2 uo/ —e " dv
277/“0 = V27 Jud
_(w=w?
< 2V 2mug 2/“(2) dv
Iu,+7 \/27T/u0
— 2V [ Qi) (m—) e
< Vi)
c 1 w S 42
< 2V2muyg (,u+ —) e 7 +/ e 2dz
d ug
< 2V2me 2 > ((M+ —) + )
N V2
< O(uoe_%o> (A.8)
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where (a) results from the fact that g(u) > 0, (b) is valid because Zy(uz)e ** < 1 for
p>0and z >0, and (¢) and (d) follow from the fact that Q(z) £ - [* e */2dt <

Vor Jz

_ .2 . .
e~#" /2. Moreover, using (A.6), we can write
) )

g(1) = o(p)V2rpueTo(uip®)e v or

= v (1+0(5)). (A9)

Also, using (A.6) and noting (v) ~ O(2
o) =005 (140 ()

= 0(¢'(v)) =0 (25_) + (v)\/g)

= O(g'(1) = Olp(w)- (A.10)

), we have

o‘o|H

Using (A.7), (A.8), (A.9) and (A.10), we have

= o (1r0()) <o

)
o (140 (7)) (A1)

ip) Applying (A.11) in (A.3), we have
)

w|o
N—

[I=

where (a) follows from the fact that p(u) = O

= [ s (40 () -

(vimavy_y)*
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Appendix A

we have

Substituting vy =

1
V(1—a2)/2’

7

no= () (e () (- ({J)
- () (o) iold) am

Using (A.4) and (A.13) and noting Ey(p) =

—% log Iy, we conclude Theorem 5.1.
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